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TECHNICAL PUBLICATION

MODELING OF NONACOUSTIC COMBUSTION INSTABILITY

IN SIMULATIONS OF HYBRID MOTOR TESTS

1. INTRODUCTION

Nonacoustic combustion instabilities are high-amplitude chamber pressure oscillations that have

frequencies too low to be characterized as acoustic in nature. In hybrid motors, combustion instability of

any frequency range may be initiated by one, or all, of four mechanisms: 1

• Poor atomization from the injector in the head-end vaporization chamber

• Chuffing of the solid fuel in the ports

• Pressure-sensitivity of the combustion process, also in the fuel ports

• Flow-induced oscillations caused by vortex shedding in the aft mixing chamber.

A fifth mechanism of nonacoustic combustion instability, not intrinsic to the hybrid motor, is the

hydrodynamic feedsystem coupling between the hybrid motor and liquid oxygen (lox) feedsystem.

A series of 17 subscale hybrid motor tests was conducted by Thiokol, Rocketdyne, and Martin

Marietta at test stand 500 at NASA Marshall Space Flight Center (MSFC) in Huntsville, Alabama. Figures

1 and 2 illustrate the hybrid motor during pretest preparation and during hot-fire testing. These tests were

conducted for the Hybrid Propulsion Technology for Launch Vehicle Boosters (HPTLVB) program, 2 funded

under contract NAS8-39942. The test objective was to investigate the effects of oxidizer precombustion

and oxidizer distribution on the combustion stability of hybrid motors. The mainstage duration of these

tests was =10 sec. During some of these tests, nonacoustic combustion instabilities were observed.



Figure 1. Twenty-four-in.hybrid motorprior to testing.

Figure2.Twenty-four-in.hybridmotorduringhot-fire testing.
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2. DESCRIPTION OF THE HYBRID TEST SYSTEM

The test system consisted of the hybrid motor and lox feedsystem.

Figure 3 presents a sketch of the hybrid motor. The hybrid motor had a case diameter of 24 in. The

vaporization chamber was at the head end of the hybrid motor and was lined with solid fuel that vaporized

the lox when burned. The vaporization chamber had optional solid fuel fins. These fins extended radially

from the walls to the center of the chamber and enhanced lox vaporization. The lox injector was within the

vaporization chamber.

.......

Injector _ FuelLined
Assembly Vaporization

Chamber

f UltrasonicPort

7 PortWagonwheel
HTPB-EscorezFuel

CCPThroat
SCPLinedAftChamber

Figure 3. Twenty-four-in. hybrid motor.

Two injectors were used in the test series. The first injector was used in the large subscale solid

rocket combustion simulator (LSSRCS) test series. The second injector was used in the joint industry

research and development (JIRAD) test series. Both injector designs will be presented later. The solid fuel

grain was downstream of the vaporization chamber. It was 108 in. long and consisted of hydroxyl terminated

polybutadiene (HTPB)-based fuel. The solid fuel grain had six outer ports and a center port arranged in a

wagon-wheel cross section. The mixing chamber was downstream of the solid fuel grain and the nozzle

was downstream of the mixing chamber.
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Figure 4 presents the lox feedsystem schematic. The lox feedsystem consisted of a 3,000-gal lox

tank, cavitating venturi, valve, and lox injector, respectively. A total of 255 ft of 3-in.-diameter feedline

connected these components.

GN2 In

Lox

Tank
Lox

Lox

Injector Injector
Inlet Diffuser

e

s
t •

-,_ .... 3 in. Cavitatino 3 In. kox 3 in. ', _

__9. ____ _ Venturi Valve....... ....... ......
' 223 ft ', ', 19.9 ft ', ', 2.73 ft 'i i

Hybrid I

Motor

Figure 4. Lox feed system for the 24-in. hybrid motor tests.
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3. TEST RESULTS

The following paragraphs present results of the first seven tests.

For test 1, the motor was tested with the LSSRCS injector, without the solid fuel fins in the

vaporization chamber. The lox flow rate was 10 lbrn/sec with an injector pressure drop of =44 percent of

chamber pressure. Figure 5 presents the chamber pressure for test 1. A chamber pressure of 470 psi was

achieved. The test was stable with no oscillations in the chamber pressure.

6O0

5OO

400

300

2OO

100

0 2 4 6 8 10 12 14 16

TimeFromMotorStart(sec)

Figure 5. Test 1 chamber pressure.

For test 2, the motor was tested unaltered from test 1 with the exception of the injector. The test was

performed with the JIRAD injector. The lox flow rate was 20 lbrn/sec with an injector pressure drop of

11 percent of chamber pressure. Figure 6 presents chamber pressure for test 2. A chamber pressure of

440 psi was achieved. Unlike test 1, test 2 was unstable with large-amplitude, 6.5-Hz oscillations in chamber

pressure that decayed just before the end of the test. The maximum amplitude of the oscillations was

---20 percent (peak to peak) of chamber pressure.
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Figure 6. Test 2 chamber pressure.

For test 3, the motor was tested with a new solid fuel grain, solid fuel fins in the vaporization

chamber, and the JIRAD injector. The lox flow rate was 20 lbm/sec with an injector pressure drop of

14 percent of chamber pressure. Figure 7 presents chamber pressure for test 3. A chamber pressure of

420 psi was achieved. Test 3 was unstable with large-amplitude, 7.5-Hz oscillations in chamber pressure

that were sustained throughout the test. The amplitude of the oscillations was =25 percent (peak to peak) of

chamber pressure.
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Figure 7. Test 3 chamber pressure.

For test 4, the motor was tested with a used solid fuel grain, a new vaporization chamber with solid

fuel fins, and with the JIRAD injector. The motor was accidentally tested with two venturis, in parallel (not

shown in figure 4), flowing lox. The resulting lox flow rate was 40 lbm/sec with an injector pressure drop
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of 29percentof chamberpressure.Figure8presentschamberpressurefor test4.A chamberpressureof
850psiwasinitially achieved.Chamberpressuredecreasedlinearly to 600psiby theendof thetest.Test
4 wasstablewith small-amplitude,5-Hzoscillationsin chamberpressure.
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Figure 8. Test 4 chamber pressure.

Test 5 was essentially a repeat of test 3. For this test, the motor was tested with a new solid fuel

grain, solid fuel fins in the vaporization chamber, and the JIRAD injector. The lox flow rate was 20 lbm/sec

with an injector pressure drop of 13 percent of chamber pressure. Figure 9 presents chamber pressure for

test 5. A chamber pressure of 450 psi was achieved. Test 5 was unstable with large-amplitude, 6.5-Hz

oscillations in chamber pressure that were sustained throughout the test. The amplitude of the oscillations

was =25 percent (peak to peak) of chamber pressure.
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Figure 9. Test 5 chamber pressure.



Test6 wasa repeatof test4. In test6, the motorwastestedwith a usedsolid fuel grain,a new
vaporizationchamberwith solid fuel fins, andaJIRAD injector.For thetest,bothvalves,whichenabled
theselectionof twodifferentventuris(notshownin fig. 4), weresimultaneouslyopened.Theresultinglox
flow rate was40 lbm/secwith an injectorpressuredrop of 29 percentof chamberpressure.Figure 10
presentschamberpressurefor test6. A chamberpressureof 850 psi was initially achieved.Chamber
pressuredecreasedlinearly to 600psi by theendof the test.Test6 hadmarginallystableoscillationsin
chamberpressure.Theamplitudeof theseoscillationswere=10percent(peakto peak)of chamberpres-
sure.
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Figure 10. Test 6 chamber pressure.

Test 7 was the second repeat of test 3. For this test, the motor was tested with a new solid fuel grain,

solid fuel fins in the used vaporization chamber, and the JIRAD injector. Also, this test was performed with

an orifice immediately upstream of the injector. This orifice was intended to decouple the injector and

motor from the hydrodynamics of the feedsystem. The lox flow rate was 20 lbm/sec with an injector

pressure drop of = 10 percent of chamber pressure. Figure 11 presents chamber pressure for test 7. A cham-

ber pressure of 450 psi was achieved. Test 7 was stable with small-amplitude oscillations in chamber

pressure that were sustained throughout the test. The amplitude of the oscillations was

=6 percent (peak to peak) of chamber pressure.

The conclusion of the test series was that 24-in. hybrid motors were producing large-amplitude,

6.5-Hz oscillations in chamber pressure that were too low in frequency to be acoustic in nature. Further

study of test data indicated that coupling between the combustion chamber and feedsystem hydrodynamics

was occurring. This theory was verified in test 7 by decoupling the chamber from the feedsystem with an

orifice immediately upstream of the injector. This decoupling resulted in a reduction in the amplitude of

chamber pressure oscillations to an acceptable level. Similar results were obtained in subsequent tests by

replacing the orifice with an additional cavitating venturi immediately upstream of the injector.
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Figure 11. Test 7 chamber pressure.
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4. MODELING APPROACH

4.1 Initial Modeling Effort

To investigate nonacoustic combustion instabilities that were exhibited during the test series, joint

ThiokoI-Rocketdyne collaborators Boardman, Hawkins, Wassom, and Claflin formulated a nonlinear

transient model 3,4 of the lox feedsystem and hybrid motor.

The approach consisted of modeling the lox feedsystem and hybrid motor combustion chamber

coupled through the lox injector. Features that were modeled in the lox feedsystem were lox compressibility,

feedline volume, gaseous oxygen (gox) volume, and unsteady mass conservation. The lox injector was

modeled by Bernoulli's equation. Features that were modeled in the hybrid motor combustion chamber

were port volume, fuel regression, gas properties, unsteady mass conservation, unsteady energy conservation,

gas equation of state, and distributed vaporization.

The transient model was implemented with Matrix-x system simulation software. Matrix-x facilitates

on-screen graphical construction of a model of any dynamic system that can be represented by a system of

nonlinear ordinary differential equations. A model of a dynamic system is constructed by assembling block

elements that represent integrators, gains, adders, multipliers, limiters, etc. Entire subsystems may be

assembled in this fashion to form a model of a complex dynamic system.

The model was verified by simulating a 24-in. hybrid motor test performed independently by Thiokol.

This test exhibited nonacoustic combustion instabilities similar to those observed in tests 2, 3, and 5 at

MSFC. Figure 12 presents a chamber pressure comparison between a simulation generated by the model

and test data. Figure 13 presents both the chamber pressure and lox injection pressure simulated by the

model. In the model, a "soft" lox feedsystem was assumed. A"soft" feedsystem contains highly compressible

lox. The simulation had very good agreement with the test data.

Figure 14 presents both the chamber pressure and lox injection pressure, simulated by the model

for a "stiff' feedsystem. A "stiff" feedsystem contains lox that is not as compressible as lox in a "soft"

feedsystem. Clearly, lox compressibility in the feedsystem seems to be a factor in determining nonacoustic

combustion stability of a hybrid motor.

Funding was exhausted before simulation of the test series, planned to be conducted at MSFC,

could be performed.

10
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Figure 12. Chamber pressure comparison of a "soft" feedsystem simulation versus test

data of a Thiokol independent research and development (IR&D) hybrid motor.
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Figure 13. Chamber pressure and lox injection pressure of a "soft" feedsystem simulation

of a Thiokol IR&D hybrid motor.
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Figure 14. Chamber pressure and lox injection pressure of a "stiff" feedsystem simulation

of a Thiokol IR&D hybrid motor.

4.2 Current Modeling Effort

MSFC developed an independent model to investigate nonacoustic combustion instabilities observed

in tests 2, 3, and 5. The current model was based on a lumped parameter representation of conservation of

mass and energy in the combustion chamber and conservation of mass and momentum in the injector,

feedsystem components, and tank. Also, two out of four hybrid combustion instability mechanisms were

represented in the current model. The first instability mechanism was atomization/vaporization which was

modeled by a time lag. The second instability mechanism was the pressure sensitivity of the regression rate

which was modeled by a semiempirical, semitheoretical model. The third instability mechanism, chuffing,

was not explicitly modeled. The fourth instability mechanism was vortex shedding which was not represented

in the current model. The following paragraphs present details of model formulation.

4.2.1 Combustion Chamber Model

The combustion chamber consisted of the forward vaporization chamber, ports in the solid fuel

grain, and aft mixing chamber. Variables and constants in the combustion chamber model were:

12



A i

Ao

A T

H

Hi

rhr

Ih o

N

PA
Pc
r

R i

VAFr
V_

VFWD

7

Pc

PSF

total inlet flow area to combustion chamber

lox injector orifice cross-sectional area

nozzle throat cross-sectional area

gas specific heat at constant pressure

combustion chamber total enthalpy

total enthalpy of gas entering combustion chamber

solid fuel port length

nozzle gas flow rate

vaporized fuel flow rate

flow rate of gas entering combustion chamber

gox flow rate

number of lox injector orifices

number of solid fuel ports

atmospheric pressure

combustion chamber pressure

solid fuel port radius

gas constant of gas entering the combustion chamber

temperature of gas entering combustion chamber

aft mixing chamber volume

combustion chamber volume

forward vaporization chamber volume

gas specific heat ratio

combustion chamber gas density

solid fuel density.

The combustion model determined pressure and temperature of combustion products in the

combustion chamber as functions of time. The behavior of combustion products in the combustion chamber

were governed by conservation of mass and energy.

Equation (1) represented conservation of mass:

Vc dPc=rh°+(1-pc)nrhF-rh'd---t- PSF J (1)

The first quantity on the right side of the equation was gox flow rate. Gox flow rate was obtained from the

lox injector model and the model of time delay between lox injection and combustion. The second quantity

on the right side of the equation was the difference of fuel flow rate due to regression and time rate of mass

change in the combustion chamber due to volume increase caused by regression. The third quantity on the

right side of the equation was the flow rate of combustion products exiting the combustion chamber through
the nozzle.

13



Equation(2) representedconservationof energy:

V c dP c _ thiH i 1 Pc nthF _ rhH . (2)

(_' - 1) dt (r- 1) PSF

The first quantity on the right side of the equation was the flow rate of gox total enthalpy. The second

quantity on the right side of the equation was the difference of fuel total enthalpy flow rate due to regression

and time rate of total energy change in the combustion chamber due to volume increase caused by regression.

The third quantity on the right side of the equation was the total enthalpy flow rate of combustion products

exiting the combustion chamber through the nozzle.

For both conservation of mass and energy, the nozzle exit flow rate was a function of nozzle pressure

ratio as presented in eq. (3):

(3)

The range of pressure ratio was presented in eq. (4):

 a_I( ;---
Pc +l)

• no nozzle flow

• choked nozzle flow .
(4)

For the initial and final conditions, the pressure ratio was one, indicating that both the chamber pressure

and back pressure were at atmospheric pressure. For the mainstage condition, the pressure ratio was at its

critical value, indicating choked flow.

For conservation of energy, total enthalpy of hot gas exiting the nozzle was given in eq. (5):

n _'-l)Pc

Total enthalpy of propellants entering the combustion chamber was given in eq. (6):

l(giTil2(thi] 2

H i = C p iTi + -2 _.---_c ) _.--Aii)

(5)

(6)

14



Inlet flow rateandinlet flow areaweregivenin eqs.(7) and(8), respectively:

rh i = rho + nrn F (7)

and

A i = NA o + n(2rcrg). (8)

For conservation of mass and energy, the time rate of chamber volume change was proportional to

the product of the regression rate and port radius, when eq. (9) was differentiated with respect to time:

Vc = VFW D + VAFF + nTCr2g (9)

Parameters of the combustion chamber model were obtained from the hybrid motor design and

operating conditions. The vaporization chamber was cylindrical with a domed head end. Dimensions of

the vaporization chamber were 16.8 in. in internal diameter and 20.5 in. in length. The solid fuel grain had

seven ports, each with an initial hydraulic diameter of =3 in. and a length of 108 in. The aft mixing chamber

was cylindrical and was 18.6 in. in internal diameter and 27.4 in. in length. The nozzle was =5.7 in. from

the inlet to the throat, had a contraction ratio of =12.8, and a throat diameter of 2.55 in. for test 1 and

3.60 in. for tests 2 and 3.

Combustion products of lox/HTPB-based fuel combustion, at a mixture ratio of =2.3 were assumed

to have had a specific heat ratio of 1.137 and a gas constant of 65.2 ft-lb/lbm/°R.

4.2.2 Solid Fuel Ballistics Model

Variables and constants for the solid fuel ballistics model were:

G

GHIGH

GLOW

g

m

rnv

n

P

PMIN

r

_'HIGH

rLOW

:M x
/'MIN

OF

gox flux

high gox flux

low gox flux

fuel port length

exponent for pressure

fuel flow rate

empirical exponent for gox flux

chamber pressure

atmospheric pressure

fuel port radius

regression rate

high-pressure regression rate

low-pressure regression rate

low-pressure regression rate; maximum value

high-pressure regression rate; minimum value

solid fuel density.
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Thesolid fuel ballisticsmodeldeterminedboththeregressionrateandport radiusasfunctionsof

time. The port fuel flow rate was determined from the product of the port regression rate and port radius

as presented in eq. (10):

rn F = 27rpFgri. . (1 O)

The port regression rate was modeled as a function of port gox flux and chamber pressure. 5 The gox

flux dependency of the regression rate was divided into three regimes:

*The first regime corresponded to low gox flux, where radiation heat transfer governed regression
rate behavior.

.The second regime corresponded to medium gox flux, where convective heat transfer governed

regression rate behavior.

• The third regime corresponded to high gox flux, where combustion chemical kinetics

governed regression rate behavior.

In the first and third regimes, the regression rate was sensitive to chamber pressure. In the second

regime, the regression rate was dependent on port gox flux alone. The regression rate behavior in the

second regime formed the asymptote for high-pressure behavior in the third regime and low-pressure behavior

in the first regime. This asymptote for the pressure extremes was

(11)

and was obtained from the best curve fit of the 24-in. hybrid motor tests conducted under the Hybrid

Propulsion Development Program 5 (HPDP), the coefficients were:

GLOw = (2.00 lbm/sec/in. 2)

n = (0.851621)

/'MAX= (0.170 in./sec).

This curve fit for the regression rate closely matched the fifth model out of a collection of nine models

presented in the literature. 6

For eqs. (12)-(16), the coefficients were:

GHIOH= (0.02 lbm/sec/in. 2)

GLo w = (2 lbm/sec/in. 2)

m = (0.25)

n = (0.851621)

PMIN = (14.7 psi)

%AX = (0.170 in./sec)
rM_N = 0.004 in./sec.
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The regression rate, as a function of port gox flux and chamber pressure, was defined in the solid ballistics

model by:

At low chamber pressures or

P = PMIN ' (13)

the regression rate was given by

/"Low(G) =
/"MAX

1 -t GLOW )nG

(14)

At high chamber pressures or

the regression rate was given by

p-+ oo , (15)

rHIGH(G) =/'MIN 1 + G_-IG H. (16)

Figure 15 presents the regression rate as a function of gox flux and chamber pressure, as modeled

by eqs. (11), (12), (14), and (16). In the low gox flux regime, the low-pressure limit was the curve fit of

24-in. HPDP test data. The high-pressure limit was constant at 0.0034 in./sec. In the medium gox flux

regime, there was no pressure dependency in the regression rate. Therefore, in this regime, the regression

rate was based on the curve fit of 24-in. HPDP test data. In the high gox flux regime, the low-pressure limit

was 0.17 in./sec. The high-pressure limit was the curve fit of 24-in. HPDP test data.

The above coefficients were selected such that the range ofgox flux dependency could be arbitrarily

defined about the operating point. The low gox flux regime was defined from zero to =0.03 lbm/sec/in. 2

The medium gox flux regime was defined from =0.03 lbm/sec/in. 2 to =1.5 lbm/sec/in. 2 The high gox flux

regime was defined from = 1.5 lbm/sec/in. 2 to infinity. Test 1 operating point gox flux was =0.2 lbm/sec/in. 2

Gox flux for test 2 and 3 operating points was =0.4 lbm/sec/in. 2 Both operating points were in the pressure

insensitive second regime.
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Figure 15. Solid fuel regression model.

OO

450.0 psi
70.0 psi

30.0 psi

14.7 psi

According to the regression rate model, test l regression rate was =0.022 in./sec. However, the

actual regression rate for test 1 was =0.014 in./sec. Therefore, the regression rates determined by the model

were scaled by two-thirds to match the actual regression rate.

Port radius was determined by integrating the port regression rate.

4.2.3 Combustion Stoichiometric Model

Variables and constants for the combustion stoichiometric model were:

f
Pc
r

rMAX

TCMAX

X

scaled combustion temperature

chamber pressure

mixture ratio

stoichiometric mixture ratio

combustion temperature

stoichiometric temperature

mixture ratio scaled by the stoichiometric value.
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The stoichiometric model determined combustion or flame temperature as a function of mixture

ratio and chamber pressure. This model was constructed in three steps:

A series of Thermochemical Equilibrium Program (TEP) calculations for lox/UTF-29901 was

performed to determine combustion temperature as a function of mixture ratio for a given chamber

pressure. UTF-29901 is an HTPB-based solid motor fuel with composition as shown in table 1.

Table 1. UTF-29901 composition.

Ingredient Function WeightFraction(%)

Escorez5320
(Polycyclopentadiene)

R-45M (HTPB)

DDI(dimeryl-diisocyanate)

C-100 (Isonol)

Ageritewhite-white

Carbonblack

Fuel

Fuel/binder

Curative

Crosslinker

Antioxidant

Opacifier

60.00

30.23

8.47

0.60

0.50

0.20

The range of mixture ratio considered was from 0.4 to 10. The range of chamber pressure

considered was from 14.7 to 1,470 psi.

From the calculated data, it was observed that all combustion temperature versus mixture ratio

curves were scaled by the stoichiometric temperature to a single dimensionless curve. This

curve was called the scaled combustion temperature. Also, from the calculated data, it was

observed that the stoichiometric temperature that occurred at a mixture ratio of 3.2 varied linearly

with the logarithm of the chamber pressure as determined by eq. (17):

The scaled combustion temperature, as a function of mixture ratio, was curve fitted with

(17)

3x

(18)
f(x)- 2x3/2 +1 '

and then combined with the linear curve fit of the stoichiometric temperature to form the

combustion temperature model:

Tc(Pc,r)={TCMAX(Pc)-(530°R)}fI_AXI+(530°R) . (19)
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Forthestoichiometricmixtureratio:

rMA X = (3.2) . (20)

Figures 16 and 17 compare the combustion temperature model to the thermochemical equilibrium

calculation for chamber pressures of 14.7 and 1,470 psi, respectively. Agreement is reasonably good for

low mixture ratios and excellent for high mixture ratios. Figure 18 presents combustion temperature, as

modeled, as a function of mixture ratio for 14.7, 50, 147, 500, and 1,470 psi.

8,000

o_ 6,000

m

== 4,000

• - //

E_ 2,000

/

0 I

TEP
Calculation

CurveFit:
Stoichiometric
Exponent= 0.5

I I
4 6 8 10
MixtureRatio

Figure 16. Combustion temperature model for a chamber pressure of 14.7 psi.
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Figure 17. Combustion temperature model for a chamber pressure of 1,470 psi.
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Figure 18. Combustion temperature model for chamber pressures between

4.7 and 1,470 psi.

4.2.4 Lox Injector Model

Variables and constants for the lox injector model were:

A

D

f
g

rh

rho

N

Pc

Po
Re

Vo
E

Pe
Po

lox injector orifice cross-sectional area

lox injector orifice diameter
friction factor

lox injector orifice length

lox flow rate through injector orifice

lox flow rate into lox dome

number of lox injector orifices

chamber pressure

lox dome pressure

orifice Reynolds number

lox dome volume

orifice surface roughness

lox viscosity

lox injector orifice discharge density

lox dome density.

The behavior of lox in the injector was governed by conservation of mass in the manifold and

conservation of linear momentum in each of the orifices.
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For theconservationof massequation,eq.(21):

dP° - rho - Nth (21 )Voa--Y-

the first quantity on the right side was the lox flow rate entering the manifold. The second quantity on the

right side was the total lox flow rate exiting the manifold through injection orifices. On the left side of the

equation, the lox density was modeled as a function of pressure at a constant temperature. Therefore, the

dependent variable in the mass equation became lox manifold pressure instead of density. Also, a secondary

dependent variable was the orifice lox flow rate.

For the conservation of momentum equation, eq. (22):

g drh (1A dt Po Pe -D Po+Pe._ "A'J
(22)

the first quantity on the right side was the difference in pressure force acting on lox flow in the orifice. The

second quantity on the right side was the viscous force acting on the lox flow. The viscous force was

described in terms of flow rate and density, therefore, pressure. Since Fanno line flow was assumed in the

orifices, friction factor was multiplied by an equivalency factor to account for pressure losses everywhere

else in the injector.

The second quantity on the left side of the equation was the difference in lox flow momentum

convected through the orifice. If the lox flow rate exiting the orifice was assumed to be the same as the lox

flow rate entering the element, then the dependent variable in the momentum equation became lox flow

rate. A secondary dependent variable in the momentum equation was lox manifold pressure.

Therefore, the lox injector model consisted of the two equations with the lox manifold or injection

pressure and lox injector flow rate as the two unknowns. Additionally, lox injector inlet flow rate and

chamber pressure served as the forcing functions.

The lox density was modeled as a linear function of pressure between 14.7 and 3,000 psi at a

temperature of 200 °R. This model assumed that lox was slightly compressible. Lox viscosity was also

modeled as a linear function of pressure.

Once lox injection flow was determined, a time lag was incorporated to account for conversion of

lox to gox. This time lag was the finite amount of time required for most lox droplets to vaporize as they

were transported through the vaporization chamber and down through the solid fuel ports.

Figure 19 illustrates the lox injector in the vaporization chamber of the hybrid motor. Parameters of

the lox injector model were obtained from designs of the LSSRCS and JIRAD injectors presented in the

following paragraphs.
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Figure 19. Lox injector in the forward vaporization chamber.

4.2.4.1 LSSRCS Lox Injector Design. Figures 20-23 present the LSSRCS lox injector design.

The LSSRCS lox injector was a simple impingement injector with 634 orifices. These orifices were

0.022 in. in diameter in a faceplate that was 0.125 in. thick and 4.745 in. in diameter. The orifices are

arranged into 317 doublets, each with a 60 ° impingement angle. The total lox dome volume, including the
volume of the downcomers, was 24 in. 3

Figure 20. LSSRCS lox injector.
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Figure 21. LSSRCS lox injector faceplate design.
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Figure 22. Closeup of the LSSRCS lox injector faceplate impingement pattern

(front view).
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Figure 23. Closeup of the LSSRCS lox injector faceplate impingement pattern

(side view).

4.2.4.2 JIRAD Lox Injector Design. Figures 24 and 25 present the JIRAD lox injector and its

faceplate design. The JIRAD lox injector was a complex impingement injector with 332 orifices. The

orifices were divided into 157 elements of six different element types, A-E

Figure 24. JIRAD lox injector.
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Figure25. JIRADlox injectorfaceplatedesign.

As presentedin figure26, typeA wasaquadletwith anorifice diameterof 0.080in. andadoublet
impingementangleof 60°. Therewere21typeA elementsthatprovidedtheprimaryportionof thecorelox
flow.As presentedin figure 27,typeB wasadoubletwithorifice diametersof 0.100in. and0.080in.with
a60° impingementangle.Therewere12typeB elementsthatprovidedthesecondaryportionof thecore
lox flow.

\

_0.077-0.083 -_//

/_30o

Figure 26. JIRAD injector element type A.
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Figure 27. JIRAD injector element type B.

As presented in figure 28, type C was a doublet with an orifice diameter of 0.033 in. and a

60 ° impingement angle. There were 88 type C elements that surrounded all type A, B, D, and E elements.

As presented in figure 29, type D was an atypical doublet with an orifice diameter of 0.064 in. and a

36 ° impingement angle. One of the two type D orifices was directed axially, the other was angled. There

were eight type D elements near the periphery of the injector face.

¢0.032--0.034--_

30° _

/
\

_ 30°

Figure 28. JIRAD injector element type C.

InboardJ

Element

_ 0.063-0.065

__ 36o'_

Figure 29. JIRAD injector element type D.
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As presented in figure 30, type E was a doublet with an orifice diameter of 0.080 in. and a

60 ° impingement angle. There were four type E elements located at each of the four corners of the pattern

of type A elements. Type D and E elements made up the remainder of the lox core flow. As presented in

figure 31, type F was a single orificed element with a diameter of 0.033 in. and angled 30 ° outboard. There

were 24 type F elements at the extreme periphery of the injector face.

\

_ 30°__.__

/

Figure 30. JIRAD injector element type E.

$0.032-0_

/
Figure 31. JIRAD injector element type F.

Due to dissimilar orifice diameters, an average hydraulic diameter for the 332 orifices was determined

to be ---0.064 in. Total lox dome volume, including volume of the downcomers, was 17 in. 3
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4.2.5 Modeling of Vaporization/Combustion Time Lags

To determine time lags for LSSRCS and JIRAD injectors, a vaporization length of 128.5 in. was

assumed. This was the combined length of the vaporization chamber and any one of seven ports that a lox

droplet traveled before being completely vaporized. From test 1 conditions and from the LSSRCS injector

design, an injection velocity of =81 ft/sec was determined; therefore, the resulting time lag for test 1 was

0.13 sec. From test 2 conditions and from the JIRAD injector design, an injection velocity of =45 ft/sec was

determined; therefore, the resulting time lag for test 2 was 0.24 sec.

4.2.6 Modeling of Proportions of Lox Vaporized in the Combustion Chamber

About 16 percent of lox flow was assumed to vaporize instantly in the vaporization chamber. The

remaining 84 percent of lox flow was assumed to vaporize later in the ports. These percentages were based

on the initial portions of solid fuel surface area in the ports and in the vaporization chamber.

4.2.7 Lox Injector Inlet Model

Variables and constants for the lox injector inlet model were:

AAVG

A e

A i

KLOSS

rh

rh

Pe
Pi

VLINE

P_

Pi

lox injector inlet

lox injector inlet

lox injector inlet

lox injector inlet

fixture; midpoint cross-sectional area

fixture; exit cross-sectional area

fixture; inlet cross-sectional area

loss coefficient

lox injector inlet fixture length

lox flow rate through injector inlet fixture

upstream lox flow rate

lox injector inlet fixture; exit pressure (lox injection pressure)

lox injector inlet fixture; inlet pressure

upstream lox line volume

lox injector inlet fixture; exit density (lox injection density)

lox injector inlet fixture; inlet density.

The lox injector inlet was a fitting that mated the lox feedline to the lox injector. This fitting could

have been a diffuser that would have mated an oversized feedline to the injector. This fitting could also

have been s-shaped to mate the feedline and the injector, which could have been at different elevations.

This fitting could have been a combination of the former and the latter. The model of the lox injector inlet

accounted for pressure losses due to these possibilities. Equations for conservation of mass and momentum

for the lox injector inlet model were:

and

dPi = rn u - rn
VLINE dt

/'A vo1A vom / 1/ = Pi - Pe - KLOSS "
drn fl i _ De _ _k._ ) P i + Pe A-A-_vGAAV Gdt

(23)

(24)
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Formulationof the lox injector inlet model was similar to the lox injector model with five differences:

• There were multiple, yet identical, injector element flow rates to consider in the lox injector

model. There was a single flow rate to consider in the lox injector inlet model.

• Inlet and exit cross-sectional areas of each orifice were identical in the lox injector model.

Cross-sectional areas of the inlet and exit may have been different in the lox injector inlet model.

Fanno line flow was assumed to account for pressure losses in the orifices in the lox injector

model. A friction factor multiplier was assumed to account for pressure losses everywhere else

in the injector. Fanno line flow was not assumed at all in the lox injector inlet model. An empirical

loss coefficient was assumed to account for all pressure losses.

Volume in the mass equation for the lox injector model corresponded to the lox manifold. Volume

in the mass equation for the lox injector inlet model corresponded to the length of feedline that

extended upstream from the lox injector inlet to the next feedline component, which would have

been the lox valve.

Pressure-forcing functions in the lox injector model were lox injector manifold pressure and

chamber pressure. Pressure-forcing functions in the lox injector inlet model were feedline pressure

between the injector inlet and valve and lox injector manifold pressure.

The lox injector inlet consisted of a nozzle that contracted to mate the 3-in. feedline to a 2-in.

opening into the injector manifold. This contraction took place over a 5-in. length. A 90 ° bend was

immediately upstream of the nozzle. Although the nozzle and the bend both accounted for losses in pressure,

most of the loss occurred in the nozzle. About 32.8 in. of 3-in. feedline were between the injector inlet and

the valve upstream.

4.2.8 Lox Valve Model

Variables and constants for the lox valve model were:

A

D

f
KEQUIV

th

th u

Pe
Pi

VLINE

Pe
Pi

lox valve orifice cross-sectional area (varies with time)

lox valve orifice diameter (varies with time)

friction factor

lox valve loss equivalence coefficient

lox valve orifice length

lox valve flow rate

upstream lox flow rate

lox valve exit pressure

lox valve inlet pressure

upstream lox line volume

lox valve exit density

lox valve inlet density.
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and

Conservationof massandmomentumequationsfor the lox valvemodelwere:

VLINE dPi - thu - th
dt

(25)

A dt /ge = P/- Pe - KEQUIV f-_ Pi + Pe
(26)

Formulation of the lox valve model was also similar to the lox injector model with four differences:

• There were multiple, yet identical, flow rates to consider in the lox injector model. Like the lox

injector inlet model, there was a single flow rate to consider in the lox valve model.

• The cross-sectional area of each orifice was fixed in the lox injector model. The cross-sectional

area of the orifice in the lox valve model varied with time as the valve opened and closed.

Volume in the mass equation for the lox injector model corresponded to the lox manifold.

Volume in the mass equation for the lox valve model corresponded to the length of feedline that

extended upstream from the lox valve to the next feedline component, which would have been

the lox venturi.

Pressure forcing functions in the lox injector model were lox injector manifold pressure and

chamber pressure. Pressure forcing functions in the lox valve model were feedline pressure

between the injector inlet and valve and feedline pressure between the valve and venturi.

A globe valve design was assumed for the lox valve. The globe valve was assumed to have a flow

passage with a maximum open diameter of 3 in. and a length of 1 in. Pressure loss across the valve was

determined by the loss equivalency coefficient of 340 for globe valves. The lox valve was assumed to take

0.5 sec to fully open and 1 sec to completely close. Between the valve and the venturi upstream, there was

238.8 in. (19.9 ft) of 3-in. feedline.

4.2.9 Lox Venturi Model

Variables and constants for the lox venturi model were:

AAV c 1OXventuri midpoint cross-sectional area

A e lox venturi exit cross-sectional area

A i lox venturi inlet cross-sectional area
D lox feedline diameter

d lox venturi throat diameter

kLoss lox venturi inlet loss coefficient

KLOSS 1OX venturi total loss coefficient

g lox venturi throat length
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rh

/_hCH K

rhuNcHK

rh.

P
e

Pi

Pv

VLI_

Pe
Pi

Mass and

lox venturi flow rate

choked lox venturi flow rate

unchoked lox venturi flow rate

upstream lox flow rate

lox venturi exit pressure

lox venturi inlet pressure

lox vapor pressure

upstream lox line volume

lox venturi exit density

lox venturi inlet density.

momentum conservation equations for the lox venturi model were:

dP--L= &u - rh ,
VLINE dt

rh _

)huNcHK :rhuNcHK < rhcH K

thCHK : rhUNCH K -> rhcH K

(27)

(28)

_ dthuNcH K (1 AAV G 1 AAVG_rrhuNCHK/2 ( 1 XrhuNcHK) 2AAV G dt Pi Ai Pe --_ )_ _ ) = Pi - Pe- KLoss Pi + pe }_ _AVG (29)

and

I 1 12(Pi-PV)Ae
rhCHK = Pe

1 + kLOSS - (d) 4 ?e

(30)

Formulation of the lox venturi model was similar to the lox injector model with four differences:

There were multiple, yet identical, flow rates to consider in the lox injector model. Like the

models of the lox injector inlet and the lox valve, there was a single flow rate to consider in the
lox venturi model.

The momentum equation in the lox injector model was implemented as a differential equation

to be solved for lox flow rate as a function of time. The momentum equation was not only

implemented as a differential equation in the lox venturi model, but in the form of Bernoulli's

equation as well. Bernoulli's equation would determine steady lox flow rate from the difference

in pressure upstream of the venturi and vapor pressure of oxygen at the venturi throat. The

steady lox flow rate, determined from Bernoulli's equation, would limit the lox flow rate

determined from the differential equation; therefore, cavitation in the venturi would be modeled.
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Volume in the mass equation for the lox injector model corresponded to the lox manifold.

Volume in the mass equation for the lox venturi model corresponded to the length of feedline

that extended upstream from the lox venturi to the lox tank.

Pressure-forcing functions in the lox injector model were lox injector manifold pressure and

chamber pressure. Pressure-forcing functions in the lox venturi model were feedline pressure

between the venturi and valve and feedline pressure between the venturi and lox tank.

The venturi for test 1 had a nozzle that contracted from a 3-in. inlet diameter to a 0.259-in. throat

diameter. The nozzle angle was 37 ° and the length from the venturi inlet to the downstream end of the

throat was 4.197 in. The test 1 cavitating venturi design assumed an upstream pressure of 1,250 psi to set
the lox flow rate at = 10 lbm/sec.

The venturi for tests 2, 3, and 7 had a nozzle that contracted from a 3-in. inlet diameter to a

0.376-in. throat diameter. The nozzle angle was 37 ° and the length from the venturi inlet to the downstream

end of the throat was 4.372 in. The test 2 cavitating venturi design assumed an upstream pressure of
1,125 psi to set the lox flow rate at =20 lbm/sec.

The resulting discharge coefficient for both venturis was 0.93. Both venturis were assumed to cavitate

at 85.013 psi at a lox temperature of 200 °R. About 223 ft of 3-in. feedline was between the venturi and the

tank upstream.

4.2.10 Lox Tank Flow Model.

Variables and constants for the lox tank flow model were:

A

A E

AT

g
P

PT

U

2
Z

ZMAX

Zo
&

local lox tank cross-sectional area

lox tank exit line cross-sectional area

lox tank cross-sectional area

gravitational acceleration

local lox pressure within tank

lox tank exit line pressure

lox tank ullage pressure

local lox velocity within tank

lox tank liquid level velocity

lox tank liquid level

initial lox tank cross-sectional area

vertical position of lox tank bottom

lox density.

Behavior of lox flow from the tank was governed by conservation of mass and momentum for an
incompressible fluid where

u(z,t) - A(Z) 2 (31)
A(z)
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and

Ou Ou 1 /)P
--+u- - -g . (32)
_t bz PL bz

Fluid flow was assumed to be quasi-one dimensional. From conservation of mass, presented in

eq. (31), liquid velocity at any vertical position in the tank was determined from tank cross-sectional area

at that vertical position, tank cross-sectional area at the liquid surface, and rate of fall of the liquid surface.

The lox tank was assumed to be cylindrical in geometry such that

A(z) = ItAT " z > Zo ,
Ae "z <Zo[

(33)

where, for the tank and its discharge line cross-sectional areas,

Ar > Ae (34)

Local liquid velocity was determined from conservation of momentum by solving the partial differential

equation. Integrating the momentum equation in the vertical direction, from some reference level below

the tank to the liquid level, gave liquid acceleration integrated from the reference level to the liquid surface

as proportional to the difference in the total head. The constant of proportionality was gravitational

acceleration. The reference level was taken to be the vertical position of the feedline. Substituting for liquid

velocity locally at the feedline level and at the liquid surface gave a second-order, nonlinear, ordinary

differential equation where the liquid level was the unknown. This second-order ordinary differential equation

is presented as a set of two first-order ordinary differential equations:

dx_____.= x2 (35)
dt

and

dx2_

dt

1 x 2 + + (PT - PE)
1- gxl

Xl+(AT-11Zo

_,AE )

(36)

where

XI=Z ,
(37)

and

x 2 = 2 , (38)
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Pressure-forcingfunctionsfor thelox tankmodelwereullagepressureandfeedlinepressurebelow
thetankfor thefollowing initial conditions:

Xl(0 ) -" ZMA X , (39)

and
x2(0) = 0 , (40)

gZM + PE(O)}= o (41)

The liquid surface in the lox tank was assumed to be at rest and at a liquid level that corresponded to a

liquid volume that was 97 percent of total tank volume. The liquid was assumed to be initially at hydrostatic

equilibrium.

4.2.11 Lox Tank Ullage Model.

Constants and variables for the behavior of gas in the lox tank ullage were:

A T

H

thc

Po

PG

To
vG
Z

Zo
2

Po

PG

lox tank cross-sectional area

lox tank height

gaseous nitrogen flow rate

lox tank ullage reference gas pressure

lox tank ullage gas pressure

lox tank ullage gas temperature

lox tank ullage volume

lox tank liquid level

lox tank bottom level

lox tank liquid level velocity

lox tank ullage reference gas density

lox tank ullage gas density.

Ullage pressure was determined from conservation of mass in the lox tank ullage by:

(42)

VG =AT(H+Zo-Z) , (43)

PG = Po Po ,
(44)
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and

PG = PG RTo (45)

Gaseous nitrogen (GN 2) was discharged into the ullage to maintain ullage pressure as ullage increased in

volume. The increase in ullage volume was due to the falling liquid surface as the lox tank discharged. GN 2

in the ullage was assumed to expand isothermally. GN 2 in the ullage and the lox was assumed to be in

thermal equilibrium at 200 °R.

Substituting eqs. (43), (44), and (45) into eq. (42) and solving for the time rate of change of the

ullage gas pressure gave:

dPG _ RTothG + PGAT _

dt AT(H + Z 0 - Z) (46)

GN 2 flow rate was controlled by a pressure regulator that was modeled as a first-order system.

Input to the pressure regulator model was the error between desired ullage pressure and actual ullage

pressure. This error was the amount that the lox tank was underpressurized and was limited such that the

resulting GN 2 flow rate was always positive. This assumed that the tank was not vented to prevent

overpressurization. For every psi that the tank was underpressurized, 2 lbm/sec of GN 2 flow rate was

ordered. The time constant of the first-order pressure regulator model was assumed to be 0.1 sec. The time

constant represented the agility of the lox tank pressure transducer and pressure regulator servo.

The 3,000-gal lox tank was spherical with an internal diameter of =9 ft. The lox tank was elevated

9.3 ft above the lox feedline. To simplify the tank geometry for modeling, a cylindrical tank geometry was

assumed. The cylindrical lox tank was =8 ft in height and diameter and was elevated 9.3 ft above the lox

feedline. The initial conditions for the lox tank liquid level was that it was at rest at =17 ft above the

feedline. The lox tank was initially pressurized to =1,250 psi for test 1 and = 1,125 psi for tests 2, 3, and 7.

4.2.12 Matrix-x Simulation Software Example

Constants and variables for the Matrix-x simulation of a mass-spring-damper system were:

C

f0
k

U

X I

x2

E

mass-scaled damping constant

mass-scaled driving force constant

mass-scaled spring constant

unit step function

position

velocity

mass-scaled nonlinear spring constant.

With equations governing the dynamics of the hybrid motor and lox feedsystem established, the

Matrix-x simulation software was implemented to perform the time-accurate simulation. Instead of discussing

the lengthy details of this implementation, it is more appropriate to demonstrate how the Matrix-x simulation

software was used to simulate a simple mass-spring-damper dynamic system.
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Figure 32 illustrates the mass-spring-damper system. The mass-spring-damper system was governed

by the equation set:

dX_l = x 2 (47)
dt

and

dx 2 tl

- kx I - cx 2 + Cx{ + fou(t) (48)
dt

F(1)

|
, k
|

'...... i_ x(t)

F (t) = FoU(t)

Figure 32. Mass-spring-damper model.

A nonzero value of e indicated that the spring was nonlinear. Since the mass was at rest and was not

displaced, the equation set was subject to the initial conditions:

x 1(0) = 0 (49)

and

x2(0 ) = 0 .

The mass-scaled coefficients for the case of a linear spring were:

c = (4.39823/sec)

f0 = (986.96044 ft/sec 2)

k = (986.96044/sec 2)

e -- 0.

(50)

Selection of mass-scaled coefficients for the linear spring assumed a natural frequency of 5 Hz and a

damping ratio of 0.07.
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For the caseof thenonlinearspring,the mass-scaled coefficients were identical to those of the

linear spring with the exception of a nonzero value of e and were as follows:

c = (4.39823/sec)

f0 = (986.96044 ft/sec 2)

k = (986.96044/sec 2)

e = (21.25/ft2sec2).

Figure 33 presents the Matrix-x graphical representation of the nonlinear mass-spring-damper model.

Close examination of figure 33 revealed that it was simply a graphical representation of eqs. (47) and (48),

subject to the initial conditions in eqs. (49) and (50). Figure 34 presents simulation results of the linear

mass-spring-damper system. Figure 35 presents simulation results of the nonlinear mass-spring-damper

system.

ClassicalMass-Spring-Damper
NonlinearModel

RecommendedValuesfor Constants:
k =986.960447sec/sec

c= 4.39823/sec

fo =2,000Units/sec/sec

StepFunction

t
Step

Nonlinear

DrivingForce

epsln=21.25/units/units/sec/sec SpringEffect Nonlinearity
Constant

  e eVa'uesC°rr s ° 't°"L iNaturalFrequency:5.0 Hz
DampingRatio:0.07 Y= U**3

Integration Integration
for Velocity

S

XO=0

forPosition

XVelocity[_ tsXO= 0

ScaledSpring

I Constant

X Position_m _pring Force
P

Constant
r_ DampingForce

®
t-

,+ Sumof

+0 Forces

Figure 33. Matrix-x model of the mass-spring-damper system.
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Differencesbetweenthelinearandnonlinearcasesweredeterminedby examinationof figures34
and35.For example:

• Wherethevelocitywasexactlysinusoidalin thelinearcase,thevelocitywasonly approximately
sinusoidalin thenonlinearcase.

• Peakamplitudein positionwaslessin thelinearcasethanin thenonlinearcase.

• Frequencyof oscillationswasaconstantof 5 Hz in the linearcase.

• For thenonlinearcase,frequencyincreasedin timefrom aninitial valueof =3 Hz during the

first second to ----4Hz during the next second.

Hence, the mass-spring-damper model illustrated how Matrix-x was used to simulate a dynamic

system described by a set of first-order, nonlinear, ordinary differential equations.
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5. RESULTS OF TEST SIMULATIONS

5.1 Results of the Test 2 Simulation

Figures 36 and 37 present actual and simulated test data for test 2. Recall that test 2 was performed

with the same fuel grain used in test 1, a lox flow rate of 20 lbm/sec, and the low-impedance JIRAD

injector with a pressure drop of 11 percent. Pressures presented in both figures corresponded to the upstream

venturi pressure, injection pressure, and chamber pressure. There was a very good qualitative match between

actual and simulated test data. Chamber pressure oscillations were initially at 20 percent of mean chamber

pressure in amplitude and decayed gradually by the end of the test.

[ - Aft Chamber(P2415) a Iniection(P2405) 0 VenturiUpstream(P2401)1

1,400 -

1,200

1,000

800

O.

B

600 -

0 2 4 6 8 10 12 14 16
TimeFromMotorStart(sec)

Figure 36. Actual system pressures from test 2.

Chamber pressure oscillations in actual test data were reported to have a frequency of =6.5 Hz.

Figure 38 presents a frequency spectrum of the simulated chamber pressure. Peaks occurred in the spectrum

at 2.5, 6.4, and 10.4 Hz. The peak at 2.5 Hz was primary in spectral intensity and corresponded to the "fill/

flush" frequency. The peak at 6.4 Hz was slightly secondary in spectral intensity and corresponded to the

nonacoustic combustion instability associated with the lox feedline between the valve and injector. The

peak at 10.4 Hz was a distant third in spectral intensity and did not correspond to any known cause.

Test 2 was simulated first since it was the first unstable test. The first few attempts at simulating

test 2 resulted in nonoscillatory pressures in the combustion chamber and feedsystem downstream of the

venturi. Upstream of the venturi, feedsystem pressure was oscillatory due to the "water hammer" effect. It

was also noticed that, according to figure 4, feedline volume upstream of the venturi was enormous. If

oscillations in feedsystem pressure were caused by a large feedline volume, then feedline volume downstream

of the venturi had to be increased to cause oscillations in feedsystem pressure downstream of the venturi.
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Figure 37. Simulated system pressures for test 2.
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Figure 38. Simulated chamber pressure and frequency spectrum for test 2.
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Therefore, feedline volume downstream of the venturi, between the valve and injector, was increased

14.17 times the actual value. This increase was equivalent to the actual lox compressibility being 14.17

times the compressibility as was modeled. The large compressibility in this portion of feedline suggested

presence of trapped gox. This increase resulted in pressure oscillations in the chamber and in the feedsystem

downstream of the venturi. These oscillations were initially at 20 percent of mean chamber pressure in

amplitude and decayed gradually by the end of the test.

Capacitance 7 is the product of feedline volume and compressibility. Increasing volume,

compressibility, or both resulted in increased capacitance. Stiffness is the reciprocal of capacitance. It was

a small capacitance or a large stiffness that resulted in a "stiff" feedsystem, making oscillations in the

feedsystem impossible. It was a large capacitance or a small stiffness that resulted in a "soft" feedsystem,

making oscillations in the feedsystem possible.

5.2 Results of the Test 3 Simulation

Figures 39 and 40 present actual and simulated test data for test 3. Recall that test 3 was performed

with a fresh fuel grain, a lox flow rate of 20 lbm/sec, and the low-impedance JIRAD injector with a pressure

drop of 14 percent. As in test 2, there was a very good qualitative match between actual and simulated test

data. Chamber pressure oscillations were initially at 25 percent of mean chamber pressure in amplitude and

were sustained throughout the test. Chamber pressure oscillations in actual test data were reported to have

a frequency of =7.5 Hz.
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Figure 39. Actual system pressures from test 3.
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Figure 40. Simulated system pressures for test 3.

Figure 41 presents a frequency spectrum of the simulated chamber pressure. As in figure 38 for

test 2, there were peaks in the spectrum at 2.5, 6.4, and 10.4 Hz. The peak at 2.5 Hz was secondary in

spectral intensity and corresponded to the "fill/flush" frequency. The peak at 6.4 Hz now dominated in

spectral intensity and corresponded to the nonacoustic combustion instability associated with the lox feedline

between the valve and injector. Dominance of the peak in spectral intensity at 6.4 Hz seemed to be related

to the fact that the oscillations in pressure were sustained in test 3. The peak at 10.4 Hz was a distant third

in spectral intensity and still did not correspond to any known cause.

Test 3 was simulated second for two reasons: (1) Test 3 was the second unstable test, and (2) the

only difference between tests 2 and 3 was that while test 2 was performed with a used fuel grain, test 3 was

performed with a new fuel grain.

The first attempt at simulating test 3 resulted in nonoscillatory pressures in the combustion chamber

and feedsystem downstream of the venturi. Like test 2, feedline volume downstream of the venturi between

the valve and injector was increased 14.17 times the actual value. This increase was equivalent to actual lox

compressibility being 14.17 times the compressibility as was modeled. This increase resulted in pressure

oscillations in the chamber and feedsystem downstream of the venturi. These oscillations were initially at

25 percent of mean chamber pressure in amplitude and were sustained throughout the test.
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Figure 41. Simulated chamber pressure and frequency spectrum for test 3.

5.3 Results of the Test 1 Simulation

Figures 42 and 43 present actual and simulated test data for test 1. Recall that test 1 was performed

with a fresh fuel grain, a lox flow rate of 10 lbm/sec, and the high-impedance LSSRCS injector with a

pressure drop of 44 percent. As in tests 2 and 3, there was a very good qualitative match between actual and

simulated test data. There were no chamber pressure oscillations throughout the test.

Figure 44 presents a frequency spectrum of the simulated chamber pressure. There were minor

peaks and humps in the spectrum at 0.9, 1.6, 2.3, 2.9, 3.4, 4, and 4.7 Hz. Spectral intensity of the peaks and

humps seemed to decrease with increasing frequency. These peaks and humps seemed to be associated

with the mean transient of chamber pressure. These same peaks and humps in the spectral intensity appeared

in some degree in the spectra of tests 2 and 3.
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Figure 44. Simulated chamber pressure and frequency spectrum for test 1.

Test 1 was simulated third. The first attempt at simulating test 1 resulted in nonoscillatory pressures

in the combustion chamber and feedsystem downstream of the venturi. Like tests 2 and 3, the feedline

volume downstream of the venturi between the valve and injector was increased 14.17 times the actual

value. This increase was equivalent to the actual lox compressibility being 14.17 times the compressibility

as was modeled. This increase resulted in no change in the nonoscillatory pressures in the chamber and in

the feedsystem downstream of the venturi. Apparently, the high impedance of the injector was effective in

damping the oscillations that would have occurred due to a "soft" feedsystem.

5.4 Results of the Test 7 Simulation

Figures 45 and 46 present actual and simulated test data for test 7. Recall that test 7 was performed

with a fresh fuel grain, a lox flow rate of 20 lbm/sec, the low-impedance JIRAD injector with a pressure

drop of 10 percent, and an orifice immediately upstream of the injector. As in tests 1, 2, and 3, there was a

very good qualitative match between the actual and simulated test data. There were minimal yet stable

chamber pressure oscillations throughout the test.
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Figure 45. Actual system pressures from test 7.
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Figure 46. Simulated system pressures for test 7.
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Figure 47 presents a frequency spectrum of the simulated chamber pressure. There were minor

peaks and humps in the spectrum at 1.4, 2.3, and 3.3 Hz. Spectral intensity of the peaks and humps seemed

to decrease with increasing frequency. These peaks and humps seemed to be associated with the mean

transient of chamber pressure. Some of these same peaks and humps in the spectral intensity appeared in

some degree in the spectra of tests 1, 2, and 3.
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Figure 47. Simulated chamber pressure and frequency spectrum for test 7.
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Test 7 was simulated last. The first attempt at simulating test 7 resulted in nonoscillatory pressures

in the combustion chamber and feedsystem downstream of the venturi. Like tests 1, 2, and 3, feedline

volume downstream of the venturi between the valve and injector was increased 14.17 times the actual

value. This increase was equivalent to actual lox compressibility being 14.17 times the compressibility as

was modeled. This increase resulted in no change in nonoscillatory pressures in the chamber and feedsystem

downstream of the venturi. Apparently, the orifice increased the effective impedance of the low-impedance

injector and was effective in damping the oscillations that would have occurred due to a "soft" feedsystem.
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6. SUMMARY AND CONCLUSIONS

Agreement between the results of the Matrix-x transient model and actual test data was very good.

This agreement between simulated and actual test data indicated that nonacoustic combustion instability in

the hybrid motor was due to two causes:

Having a lox feedsystem of excessive capacitance or insufficient stiffness was the first cause.

Capacitance was defined as the product of feedline volume and liquid compressibility. Stiffness

was defined as the reciprocal of capacitance. Modeling a portion of feedline with a volume

14.17 times the actual volume was the same as modeling actual compressibility as 14.17 times

the compressibility as represented in the model. The large compressibility in this portion of

feedline suggested presence of trapped gox. The portion of feedline in question was between

the valve and injector.

The JIRAD lox injector having had an impedance or pressure drop insufficient to provide damping

against feedsystem oscillations was the second cause. However, the LSSRCS lox injector had

sufficient impedance to damp feedsystem oscillations. It was also discovered that testing with

a new grain of solid fuel sustained the combustion instability while testing with a used grain of

solid fuel caused the combustion instability to gradually decay.

Minor peaks and humps occurred in the spectrum at 1.4, 2.3, and 3.3 Hz in the frequency spectrum

of simulated chamber pressure in the case of test 7. In the case of test 1, not only were there minor peaks

and humps appearing at frequencies similar to those of test 7, there were also minor peaks and humps at

0.9, 2.9, 4, and 4.7 Hz. The magnitude of spectral intensity of the peaks and humps seemed to decrease

with increasing frequency. The peak at 2.3 Hz probably corresponded to the "fill/flush" frequency. Since

tests 1 and 7 were stable, these peaks and humps seemed to be associated with the mean transient of

chamber pressure.

There were peaks in the spectrum at 2.5, 6.4, and 10.4 Hz for tests 2 and 3 in the frequency spectrum

of the simulated chamber pressure. The peak at 2.5 Hz was primary in spectral intensity in test 2, secondary

in test 3, and corresponded to the "fill/flush" frequency. The peak at 6.4 Hz was slightly secondary in

spectral intensity in test 2, dramatically dominant in test 3, and corresponded to the nonacoustic combustion

instability associated with the lox feedline between the valve and injector. The peak at 10.4 Hz was a

distant third in spectral intensity and did not correspond to any known cause. Since tests 2 and 3 were

unstable, the peaks at 6.4 Hz seemed to be associated with large-amplitude oscillations in chamber pressure.
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